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Abstract—Oscillations have been observed in wind farms
with weak grid interconnections. While Texas observes 4 Hz
low-frequency oscillations, the west region in China observes
subsynchronous oscillations at 30 Hz. Further, this oscillation
mode caused torsional interactions with a remote synchronous
generator and led to shutdown of the power plant. Inspired by
those real-world events, this paper aims to present an analytical
model of type-4 wind in weak grids that can demonstrate both
low-frequency and subsynchronous frequency oscillations. Criti-
cal factors, e.g., the parameters of the phase-locked loop (PLL),
are examined using small-signal analysis. The analysis results are
validated using a testbed built in MATLAB/SimPowerSystems.
Except power electronic switching sequences, the testbed has
controls (e.g., wind turbine pitch control, maximum power point
control, converter controls), machine dynamics and power system
dynamics modeled. This testbed includes a 100 MW Type-4 wind
farm, a 600 MW synchronous generator, a long transmission
line and a grid. The testbed successfully demonstrates two types
of dominant oscillations under different PLLs. In addition, the
testbed demonstrates torsional interactions due to the proximity
of the subsynchronous mode and one of the torsional modes.

Index Terms—Type-4 wind, phase-locked loop (PLL), torsional
interaction, low-frequency oscillations, subsynchronous oscilla-
tions.

I. INTRODUCTION

Stability issues have been reported in the literature for
voltage source converters (VSCs) with weak ac grid intercon-
nections [1]–[5], [5]–[8]. In real-world, both low-frequency
oscillations and subsynchronous oscillations have been ob-
served for wind with weak grid interconnection. While Texas
observes 4 Hz low-frequency oscillations [9], the west region
in China observes subsynchronous oscillations at 30 Hz [10].
This oscillation mode then caused torsional interactions with
a remote synchronous generator and led to the shut down of
the power plant.

Inspired by those real-world events, this paper aims to
present a dynamic model that can capture essential dynamics
and demonstrate the low-frequency and subsynchronous fre-
quency oscillations. For the subsynchronous oscillations, we
also aim to demonstrate its effect on torsional interactions with
a synchronous generator. The demonstration will be carried
out in a tested shown in Fig. 1, which consists of a type-
4 wind farm and a synchronous generator. This system will
be modeled in MATLAB/SimPowerSystems to demonstrate
torsional interactions.
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Though [10] has provided an analytical model to demon-
strate subsynchronous oscillations in type-4 with weak grid
interconnection, low-frequency oscillation is not in the study
scope. It is of practical interest to investigate why Texas sees
4 Hz oscillations while the west China region sees 30 Hz
oscillations.

In the literature, two types controls related to the d-axis
grid-side converter (GSC) vector control are presented: active
power control or dc-link voltage control. While investigation
on HVDC with weak grid connection [4], [11] assumes
active power control, investigation on type-4 wind weak grid
interconnection [10], [12] assumes dc-link voltage control. In
the first category, dc-link dynamics are not modeled. This
assumption is also adopted in [13] on type-4 wind weak grid
interconnection modeling. In the second category [10], [12],
dc-link voltage control is assumed for the d-axis vector control
and dc-link dynamics are modeled.

In the first category with power control mode assumption
[4], [11], [13], research results indicate that only one oscil-
lation mode with frequency less than 10 Hz is associated
with weak grid. In the second category, [12] adopts frequency-
domain analysis and demonstrates subsynchronous-frequency
mode that can cause torsional interaction with a synchronous
generator. [10] carries out eigenvalue analysis and identifies
an unstable subsynchronous-frequency mode at 30.76 Hz and
a low-frequency mode with large damping at 2.75 Hz. The
participation factor analysis in [10] focuses on the 30.76 Hz
mode only and indicates that the dc-link capacitor dynamics
is related to the subsynchronous-frequency mode.

By comparing the two control mode assumptions, we
discovered that both low-frequency and subsynchronous-
frequency oscillation modes exist in type-4 wind with weak
grid interconnection if dc-link voltage control mode is as-
sumed. Further, PLL with a low bandwidth makes the low-
frequency oscillation mode dominant while PLL with a high
bandwidth makes the subsynchronous mode dominant. The
analysis results have been published in a letter [14].

The PLL adopted in [14] and also this paper is synchronous
reference frame (SRF)-based PLL. This type of PLL is pop-
ularly adopted by many recent research papers on VSC grid
integration dynamic analysis for its simplicity, e.g., [5], [15]–
[17].

On the other hand, PLL has many different structures.
For example, in [18], the PI control block in SRF-PLL is
replaced by a lead/lag unit so it can provide a better harmonic
filtering performance. In 2003, Jovcic designed a new PLL
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Fig. 1: MATLAB/SimPowerSystems Testbed: a 100 MW type-4 wind farm is connected to a grid through a long transmission line. A 600 MW steam turbine
generator is also connected to the grid.

with three control blocks to estimate voltage magnitude, phase
angle, and frequency, respectively [19]. Inside control blocks, a
module named Harmonic Cancellation generates second order
harmonic to mitigate unbalance effect. In addition, multiple
low-pass filters are used to filter out higher order harmonics.
Rodriguez et al designed a double second-order generalized
integrator (DSOGI-PLL) to detect positive-sequence voltage
[20]. The quadrature-signal generator (QSG) is used to filter
out second harmonics in positive-sequence voltage. In [21],
SRF-PLL based on decoupled double synchronous reference
frames (DDSRF-PLL) is proposed and tested. It is not possible
to examine every type of PLL structure on system stability.
Hence, one other PLL structure, the lead/lag PLL proposed in
[18] will be compared with SRF-PLL in this paper.

Our Contributions: Relying on small-signal analysis based
on analytical models, we offer a reasonable explanation of
the real-world phenomena: Why oscillations with significant
different frequencies happened in wind farms with weak grid
interconnections. This is achieved through dynamic modeling
and linear system analysis. This paper is the first of the
kind that indicates there are two oscillation modes associated
with type-4 wind in weak grids. Both modes are sensitive
to grid strength. The critical factor that determines which
mode is dominant is identified. The analysis results are vali-
dated through a testbed with more comprehensive dynamics.
Torsional interaction with a synchronous generator can be
successfully demonstrated.

Organization: The rest of the paper is organized as fol-
lows. Section II presents the dynamic model. Section III
presents eigenvalue analysis and dynamic simulation re-
sults based on the analytical models. In Section III, we
present critical factors that causes difference in oscillation fre-
quency. Section IV presents simulation results based on MAT-
LAB/SimPowerSystems testbed. Torsional interaction with a
synchronous generator is demonstrated. Section V concludes
the paper.

II. ANALYTICAL MODEL

A complete type-4 wind model includes grid-side converter
(GSC), PLL, dc-link dynamics, machine-side converter (MSC)

and synchronous generator (SG) dynamics [1]. The topology
of a type-4 wind farm connected to the grid is shown in
Fig. 2. L1, R1 are the RL filter parameters. C1 denotes the
shunt capacitor for reactive power compensation. Rg and Lg
represent the aggregated resistances and inductances of the
transformers and transmission lines. For grid dynamic studies,
machine dynamics and MSC control are usually ignored [22].
Therefore, the analytical model will ignore machine dynamics
and MSC control. Further, an entire wind farm is represented
by a single wind turbine as shown in Fig. 2. This is due to
the fact that a wind farm usually consists of same type wind
turbines.

VPCC
I1 I2

L1 R1 Lg Rg

C1

SG

MSC GSC

DC

AC

Cdc

AC

DC

DC-link

Fig. 2: A type-4 wind farm with grid interconnection.

The following subsections will introduce the dynamic model
including dc-link, converter vector control, PLL, and grid. The
block diagram of the dynamic model is shown in Fig. 3. In the
dynamic model, there are two dq reference frames: converter-
based and grid-based dq-frames. The converter reference frame
has its d-axis aligned with the PCC voltage space vector,
while the grid reference frame has its d-axis aligned with the
grid voltage space vector. Superscript c notates the converter
reference frame while superscript g notates the grid reference
frame.

A. DC link

With the MSC and SG dynamics ignored, we assume the
generator output power is constant and notated as Pwind. The
relation between the dc-link voltage Vdc and the GSC power
delivered to the grid P is shown in (1) and its per unitized
version is shown in (2).

Cdc

2

dV 2
dc

dt
= Pwind − P (1)

CdcV
2
dc,base

2Pbase︸ ︷︷ ︸
τ

d(V pu
dc )2

dt
= P pu

wind − P
pu (2)
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Fig. 3: Block diagram for the dynamic system model.

Superscript “pu” notates per unit variables. The parameter τ
(0.0272 seconds ) is computed based on the parameters of a 2
MW type-4 wind from MATLAB/SimPowerSystems: nominal
dc link voltage 1100 V, capacitor size 0.09 F. Hereafter, the
dc-link dynamics is expressed in per unit only. The superscript
“pu” will be dropped.

B. Vector Control

A typical vector control [23] based on the converter refer-
ence frame is adopted for GSC with V 2

dc control for the d-axis
control and the PCC voltage control for the q-axis control. The
control is based on the converter reference frame. The outer
loops generates dq-current orders: ic∗1d and ic∗1q . From the inner
current loop, the GSC voltage orders vcd and vcq are generated.

C. PLL

PLL uses the PCC bus three-phase voltage as input and
outputs the PCC bus voltage magnitude, frequency and an
angle. PLL is used to synchronize the converter with the grid.
In this research, we adopt a simple second-order SRF-PLL.
The details can be found in [24] and the control blocks are
shown in Fig. 4. After the abc/dq block with θ as the input
angle, the PCC voltage is in the converter dq-frame:

VPCCe
j(θPCC−θ) = VPCCe

j(∆θPCC−∆θ) = (vcPCC,d+jv
c
PCC,q),

where θPCC is the angle of the PCC voltage space vector,
∆θPCC = θPCC−ω0t and VPCC is the magnitude of the PCC
voltage.

abc/dq

vPCC,d
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Fig. 4: Block diagrams of a PLL. (a) Original PLL; (b) PLL in dq-frames.
(b) will be used in Fig. 3.

vcPCC,q is fed into a proportional integral (PI) control
block to generate the frequency deviation ∆ω. Integrating the
frequency deviation results in ∆θ. Since the input of a PI

controller will be zero at steady-state, this control guarantees
that vcPCC,q becomes 0 at steady-state. Or, the d-axis of the
converter frame is aligned with the PCC voltage space vector.

D. Grid dynamics

The inputs of the grid dynamic block are the GSC voltages
in the grid reference frame. The outputs are also in the
grid reference frame, including six dynamic states: converter
currents ig1d, i

g
1q , grid currents ig2d, i

g
2q , and PCC voltages

vgPCC,d, v
g
PCC,q. In addition, power P delivered from the GSC

to the grid, PCC voltage magnitude VPCC and angle ∆θPCC

can be found. The converter current can be further converted
into the converter reference frame and fed into the vector
control.

The grid dynamics include the shunt capacitor dynamics
and the two series inductors’ dynamics. Hence, there are three
states in the complex domain Ī1, Ī2 and V̄PCC or six states in
the real domain: ig1d, ig1q , i

g
2d, ig2q , v

g
PCC,d, and vgPCC,q .

dig1d
dt = 1

L1

(
vgd − v

g
PCC,d −R1i

g
1d + ω0L1i

g
1q

)
dig1q
dt = 1

L1

(
vgq − v

g
PCC,q −R1i

g
1q − ω0L1i

g
1d

)
dig2d
dt = 1

Lg

(
vgPCC,d − Vg −Rgi

g
2d + ω0Lgi

g
2q

)
dig2q
dt = 1

Lg

(
vgPCC,q − 0−Rgig2q − ω0Lgi

g
2d

)
dvgPCC,d

dt = 1
C1

(
ig1d − i

g
2d + ω0C1v

g
PCC,q

)
dvgPCC,q

dt = 1
C1

(
ig1q − i

g
2q − ω0C1v

g
PCC,d

)
(3)

where ω0 is nominal frequency (377 rad/s for 60 Hz ac
system). Lg and Rg are the total inductance and resistance
including those of the transmission lines and the transformers:
Lg = LT1 +LT2 +L2 +L3 and Rg = RT1 +RT2 +R2 +R3.

III. ANALYSIS BASED ON THE DYNAMIC MODEL

The dynamic system shown in Fig. 3 is modeled in MAT-
LAB/Simulink and parameters are given in Table I.

The steady-state values for states at a certain operating
condition can be computed using algebraic calculation. With
every state being assigned an initial value, flat run will be ob-
tained for the dynamic system simulation without any imposed
dynamic event. The nonlinear system can be linearized at an
operating condition. This step can be achieved using MATLAB
function linmod. In this section, a steady-state computing
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TABLE I: Parameters of Simulink Model

Parameters Values (in pu if not specified)
Power level P = 0.9

Nominal frequency ω0 = 377 rad/s
Converter filter X1 = 0.15 , R1 = 0.003, yc1 = 0.25

Transformer (T1) XT1 = 0.02 , RT1 = 0.002
Transformer (T2) XT1 = 0.03 , RT1 = 0.003

Long transmission line X2 = 0.3 to 0.7 , R2 = 0.03 to 0.07
Short transmission line X3 = 0.01, R3 = 0.001

DC time constant τ = 0.0272 s
Current control Kpi = 0.4758, Kii = 3.28
Power control Kpp = 1.1, Kip = 137.5

Voltage control Kpv = 0.25, Kiv = 25
PLL (13 Hz) KpPLL = 60, KiPLL = 1400
PLL (34 Hz) KpPLL = 60, KiPLL = 18200
PLL (30 Hz) KpPLL = 100, KiPLL = 10000
PLL (60 Hz) KpPLL = 314, KiPLL = 24700

procedure to find initial values will be presented. Following
this subsection, eigenvalue analysis and time-domain simula-
tion will be used to identify and confirm the low-frequency
mode and the subsynchronous-frequency mode. Effect of PLL
bandwidth on stability will be discussed. Then, participation
factor analysis results will be presented to relate dynamic
states to those modes. Finally, influence of PLL structure on
system stability is examined.

A. Initialization

For flat run, the initial values should be assigned for each
state variable in the MATLAB/Simulink model. A tutorial on
Simulink-based dynamic model building can be found in [24]
Chapter 2. The model shown in Fig. 3 has 13 state variables.

• 1 state variable is related to dc-link capacitor: V 2
dc.

• 2 state variables are related to the PI controllers in the
outer loop: x1 and x2 with their initial values as ic1d, ic1q .

• 2 state variables are related to the PI controllers in the
inner loop: x3 and x4 with their initial values as ucd, ucq .

• 2 state variables are related to one PI controller and one
integrator in the PLL respectively: ∆ω, ∆θ.

• 6 state variables are related to the grid dynamics: ig1d, ig1q ,
ig2d, ig2q , v

g
PCC,d, vgPCC,q .

The steady-state value for V 2
dc is 1 pu. The steady-state value

for ∆ω is 0 and ∆θ should be the same as the PCC voltage
phase angle ∆θPCC. For all the rest initial values, we need
to first carry out power flow analysis to find the PCC voltage
angle ∆θPCC.

According to the system network topology in Fig. 2, the
nodal admittance matrix Y is formed as follows with the PCC
bus notated as Bus 1 and the grid notated as Bus 2.

Y =

[
Y11 Y12

Y21 Y22

]
=

[
1
zg

+ yc − 1
zg

− 1
zg

1
zg

]
(4)

where zg = Rg+jXg and yc = jω0C1. Y matrix is separated
into the real part and imaginary part, G = Real{Y} and B =
Imag{Y}.

The real power delivered to the grid PPCC and the voltage
magnitude at the PCC bus VPCC are assumed to be known.
For the grid voltage Vg , the voltage magnitude and phase angle
are assumed as 1 pu and 0o. Hence, the only one unknown

variable is the voltage angle at the PCC bus ∆θPCC. It can
be obtained using Newton Raphson (NR) method to solve the
following AC power flow equation.

PPCC = V 2
PCCG11 + VPCCVg (G12 cos ∆θPCC +B12 sin ∆θPCC)

After the PCC voltage phase angle ∆θPCC is found, the
dq-axis PCC voltages in the grid reference frame can be
found. Similarly, the converter current Ī1 = ig1d + jig1q and
the transmission line current Ī2 = ig2d + jig2q can all be found.
Thus, the six states related to the grid dynamics can be found.

We may continue circuit analysis. Based on the PCC voltage
and the converter current, the converter voltage can be found:
vgd and vgq . Further, it is easy to convert the grid-frame variables
into the converter-frame variables:

vcd + jvcq = (vgd + jvgq )e−j∆θPCC .

Converting the converter current from the grid frame to the
converter frame, we may find the initial values for the two
states related to the outer loop controls x1 and x2.

Finally, we are able to find the initial values of the two
inner loop controls x3 and x4. The initial value of x3 is ucd
and the initial value of x4 is ucq . From Fig. 3, ucd = vcd −
vcPCC,d +ωL1i

c
1d and ucq = vcq − vcPCC,q −ωL1i

c
1q . At steady-

state, vcPCC,d = VPCC and vcPCC,q = 0 since the converter
frame’s d-axis is aligned with the PCC voltage.

Thus, we find all initial values for the 13 states.

B. Eigenvalue Loci

To examine the effect of PLL on the oscillation frequency,
we test four PLLs in the dynamic model respectively. The
Bode plots of the closed-loop PLL transfer function are shown
in Fig. 5. Their parameters are listed in Table I. The strength
of the grid can be represented by the short-circuit ratio (SCR)
which is based on the per unit impedance of the transmission
line when the power base is the nominal power of the wind
generator (SCR ≈ 1

Xg
).
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Fig. 5: Four PLL with different bandwidth: 13 Hz, 30 Hz, 34 Hz and 60 Hz.

Table II lists the eigenvalues for two cases. Case 1: X2 =
0.60 for the 13 Hz PLL and Case 2: X2 = 0.46 for the 34
Hz PLL case. They are the marginal conditions for these two
PLLs. The dominant modes are bold for each case. With 13
Hz PLL, λ8,9 indicate the dominant low-frequency oscillation
at 5.02 Hz. With 34 Hz PLL, the modes λ6,7 are the dominant
eigenvalues and the oscillation frequency is 23.8 Hz.
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TABLE II: Modes for different PLL bandwidths under marginal conditions

Mode 13 Hz PLL 34 Hz PLL
λ1 -1174 -1172
λ2,3 -507.6±j2π×337.6 -477.8±j2π×347.4
λ4,5 -52.5±j2π×151.2 -52.9±j2π×167.0
λ6,7 -49.2±j2π×22.28 −0.4± j2π × 23.8
λ8,9 −0.3± j2π × 5.02 -8.0±j2π×9.44
λ10 -97.3 -224.3
λ11,12 -17.4±j2π×1.10 -34.3±j2π×0.08
λ13 -34.5 -16.7

−60 −50 −40 −30 −20 −10 0 10
−30

−20

−10

0

10

20

30

Real Axis

Im
ag

in
ar

y 
A

xi
s 

(H
z)

13 Hz
PLL

X
2
=0.60 pu

(a)

−30 −20 −10 0 10
−30

−20

−10

0

10

20

30

Real Axis

Im
ag

in
ar

y 
A

xi
s 

(H
z)

X
2
=0.46 pu

34 Hz
PLL

(b)

−40 −30 −20 −10 0 10
−30

−20

−10

0

10

20

30

Real Axis

Im
ag

in
ar

y 
A

xi
s 

(H
z)

X
2
=0.56 pu

30 Hz
PLL

(c)

−50 −40 −30 −20 −10 0 10
−60

−40

−20

0

20

40

60

Real Axis

Im
ag

in
ar

y 
A

xi
s 

(H
z)

60 Hz
PLL

X
2
=0.54 pu

(d)

Fig. 6: Eigenvalue loci for SRF-PLL with different bandwidth. For
each PLL, ten operating conditions are presented. (6a) (6c): X2

changes from 0.5 to 0.7. (6b) X2 changes from 0.3 to 0.5. (6d)
X2 changes from 0.4 to 0.6. Green ones notate low-frequency mode
while red ones notate subsynchronous-frequency mode.

To analyze the system stability with different SCR, X2 is
increased until the system becomes unstable. The increment
of X2 is 0.02 pu. After each increment, the eigenvalues of the
system are plotted. The eigenvalue loci are presented in Fig.
6. It can be clearly seen that the system has two oscillation
modes sensitive to grid strength. One has a frequency lower
than 10 Hz and is termed as the low-frequency oscillation
mode, while the other has a frequency above 20 Hz and will
be termed as the subsynchronous-frequency mode.

When the grid strength decreases, both modes move to
the right half plane (RHP). Most notably, with different
PLL parameters, different mode will appear dominant. When
the PLL bandwidth is as low as 13 Hz, the low-frequency
oscillation mode is dominant as demonstrated in Fig. 6a. When
the PLL bandwith is 60 Hz, the subsynchronous-frequency
mode is dominant as demonstrated in Fig. 6d. What is more,
a lower PLL bandwidth is better for stability. Shown in Fig.
6a, the marginal X2 is 0.60 pu for a slow PLL. While the value
is less than 0.56 pu for a faster PLL with 60 Hz bandwidth.

When the bandwidths are similar at ∼ 30 Hz, it is found
that if the second-order closed-loop PLL transfer function has
less damping, then the subsynchronous-frequency mode will

be dominant for the PLL with 34 Hz bandwidth. See Fig. 6b.
On the other hand, for the 30 Hz PLL with more damping,
it is the low-frequency oscillation mode that is dominant as
shown in Fig. 6c.

It can be found that the subsynchronous-frequency mode
moves to the RHP when PLL’s bandwidth increases. Further,
this mode is very sensitive to the gain of the PLL integrator
KiPLL.

C. Time-domain Simulation Results

The dynamic model based on Fig. 3 is used to produce time-
domain simulation results. The marginal stable conditions for
the system are selected to calculate initial values (X2 = 0.60
pu for the 13 Hz PLL case and X2 = 0.46 pu for the 34
Hz PLL case). A small disturbance of 0.01 pu, is applied on
VPLL reference at 1 second. The step responses of VPCC for
the two cases are plotted in Fig. 7. It is observed that the
oscillation frequency is 5 Hz for the 13 Hz PLL case and the
oscillation frequency is about 23 Hz for the 34 Hz PLL case.
The time-domain simulation results verify the linear analysis
results.

0.8 1 1.2 1.4 1.6 1.8 2

V
pc

c (
p.

u.
)

0.99

1

1.01

1.02

time (s)
0.8 1 1.2 1.4 1.6 1.8 2

V
P

C
C

 (
p.

u.
)

1

1.005

1.01

1.015
34 Hz PLL

13 Hz PLL

Fig. 7: Step responses of VPCC show 5 Hz oscillations for 13 Hz PLL and
23 Hz oscillations for 34 Hz PLL.

D. Participation Factors

To determine which states are most relevant to the low-
frequency and subsynchronous-frequency oscillation modes,
participation factors related to each eigenvalue in Table II
are calculated. Table III lists the participation factors for the
subsynchronous mode λ6,7 and the low-frequency mode λ8,9.
The high participation factors are marked as bold.

Based on the two cases (PLL bandwidths being 13 Hz or
34 Hz), we find that the subsynchronous mode λ6,7 is related
to dc-link dynamics, dc-link voltage control, and PLL. When
PLL bandwidth is low, the low-frequency oscillation mode
λ8,9 is related to PLL and the ac voltage control (x2). This
finding concurs with the findings by ERCOT [25] and other
papers in the literature, e.g., [1], [26].

When PLL bandwidth is high, it is found that both low-
frequency and subsynchronous-frequency modes are related
to dc-link dynamics, dc-link voltage control, and PLL.
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TABLE III: Participation factors under marginal conditions

13 Hz PLL 34 Hz PLL
States λ6,7 λ8,9 λ6,7 λ8,9
V 2
dc 0.3427 0.0926 0.1934 0.4157
ig1d 0.1031 0.0006 0.0457 0.0077
ig1q 0.0404 0.0077 0.0360 0.0106

ig2d 0.1145 0.0039 0.0653 0.0349
ig2q 0.2350 0.0345 0.2217 0.0223

vgPCC,d 0.0406 0.0053 0.0276 0.0017

vgpcc,q 0.0229 0.0017 0.0101 0.0046
θ 0.2297 0.3464 0.3979 0.1463

∆ω 0.0377 0.2072 0.3571 0.1474
x1 0.2692 0.0900 0.1240 0.3963
x2 0.0479 0.2129 0.0165 0.0501
x3 0.0119 0.0012 0.0059 0.0095
x4 0.0948 0.1446 0.0320 0.0450

E. Comparison with Lead/lag PLL

In this subsection, PLL structure influence on stability is
examined. The lead/lag PLL proposed in [18] is compare
with SRF-PLL. Control structure of lead/lag PLL is presented
in Fig. 8 and two lead/lag PLLs are designed to match the
bandwidth of SRF-PLL, 13 Hz and 34 Hz. The bandwidth
comparison is shown in Fig. 9.

+
abc/dq

ω0vPCC
vc

PCC,d

K
1+T1s

1+T2s

Δω +
1

s

θ vc
PCC,q

Fig. 8: Structure of a lead/lag PLL. Lead/lag 1 (bandwidth 13 Hz):
T1 = 0.0037, T2 = 0.0232,K = 91; lead/lag 2 (bandwidth 34 Hz):
T1 = 0.0013, T2 = 0.0232,K = 457.

10
−1

10
0

10
1

10
2

10
3

10
4

−100

−80

−60

−40

−20

0

20

M
ag

ni
tu

de
 (

dB
)

 

 
SRF1
SRF2
Lead/lag1
Lead/lag2

Frequency  (Hz)

Bode Diagram

13 Hz Lead/Lag 1

34 Hz Lead/Lag 2

34 Hz SRF2

13 Hz SRF1
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The eigenvalue loci for the lead/lag PLLs are shown in
Fig. 10. Compared with Fig. 6, we can find that the lead/lag
PLL makes the system more stable. The 13 Hz lead/lag PLL
increases the marginal X2 from 0.6 to 0.64 pu while the 34
lead/lag PLL increases the marginal X2 from 0.46 to 0.54 pu.

The better performance is validated by the time-domain
simulation results. Fig. 11 shows the dynamic responses cor-
responding to 13 Hz lead/lag PLL and SRF-PLL. At 5 s, X2

was increased from 0.4 pu to 0.61 pu. 5 Hz oscillations appear
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Fig. 10: Eigenvalue loci for lead/lag PLL with two different bandwidth.
(10a) 13.5 Hz lead/lag PLL: X2 changes from 0.5 to 0.7. (10b) 34
Hz lead/lag PLL: X2 changes from 0.4 to 0.6.

in the system with SRF-PLL while the system with lead/lag
PLL is stable.

3 4 5 6 7 8

P
 (

M
W

)

100

120

3 4 5 6 7 8
V

D
C

 (
V

)
1000

1100

1200

3 4 5 6 7 8

V
P

C
C

 (
V

)

400

600

time (s)
3 4 5 6 7 8

i 1,
d

*
 (

pu
)

-1.2

-1

-0.8

Lead/lagPLL SRF-PLL

Fig. 11: Time domain simulation results comparison of lead/lag PLL
versus SPF-PLL. Dynamic event: X2 increases from 0.4 to 0.61 pu.

IV. VALIDATION IN MATLAB/SIMPOWERSYSTEMS

A testbed with both wind and a synchronous generator
is built in MATLAB/SimPowerSystems. The topology of the
testbed is shown in Fig. 1. The testbed is developed from the
demo system of a 10 MW type-4 wind farm consisting of five 2
MW wind turbines connected to a 25 kV distribution system
and delivering power to a 120 kV grid. Its control systems
are based on the General Electric (GE) type-4 wind turbine
generic model [27]. The parameters of the 2 MW synchronous
generator are listed in Table VI while the parameters of the
wind farm are listed in Table V.

In this paper, a 100 MW type-4 wind farm consisting of fifty
2 MW wind turbines is delivering power to a 220 kV grid. Two
transformers are used to boost the voltage level from 575 V to
25 kV and from 25 kV to 220 kV. The PCC bus is connected
to the grid through a long transmission line. A 22 kV 600 MW
steam turbine and governor (TG) system is connected close to
the gird.

The 600 MW synchronous generator model is from a
demo system in MATLAB/SimPowerSystems related to steam
turbine. The parameters of the 600 MW synchronous machine
are from [28] and listed in Table VI. The generator turbine
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Fig. 12: The dynamic responses of type-4 wind farm. (a)13 Hz PLL; (b) 34 Hz PLL.
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Fig. 13: The dynamic responses of the steam turbine governor. The lower ten plots are related to speed deviations in rad/s. (a) 13 Hz PLL,
Case 3; (b) 34 Hz PLL, Case 6.

has only two turbine rotors: a low-pressure turbine rotor and
a high-pressure turbine rotor. In this work, we adopted a more
comprehensive shaft model with four turbine rotors. In our
testbed, besides the generator rotor, the TG has four turbine
rotors: two low-pressure turbine rotors (LPA and LPB), an
intermediate-pressure turbine rotor (IP), and a high-pressure
turbine rotor (HP). Hence, the steam TG has four torsional
modes which are listed in Table VI. The parameters of each
rotor are from Chapter 15 in [29]. Note that one torsional
mode has a frequency of 24 Hz. This is very close to the
23.7 Hz oscillation in the wind with weak grid interconnection
assuming that the PLL bandwidth is 34 Hz. In this case

study, we will demonstrate torsional interactions when the
subsynchronous-frequency mode becomes dominant.

The dynamic events are assumed to be transmission line
tripping. We assume that R2+jX2 is the equivalent impedance
of the long transmission path consisting of parallel transmis-
sion lines. Tripping one parallel transmission line will cause
the increase of the impedance. Two SRF-PLLs are used for
the tests: the one with 13 Hz bandwidth and the one with
34 Hz bandwidth. For each PLL, three line tripping cases are
examined to show the impact of grid strength on dynamics.
Total six cases have been studied and are listed as follows.

The initial value of X2 is 0.4 pu.
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Fig. 14: FFT analysis for wind power P , AC current I2,a, and ∆ω of high-pressure rotor. (a) 13 Hz PLL, Case 3; (b) 34 Hz PLL, Case 6.

• Case 1 (13 Hz PLL): X2 is increased to 0.46 pu.
• Case 2 (13 Hz PLL): X2 is increased to 0.58 pu.
• Case 3 (13 Hz PLL): X2 is increased to 0.61 pu.
• Case 4 (34 Hz PLL): X2 is increased to 0.44 pu.
• Case 5 (34 Hz PLL): X2 is increased to 0.46 pu.
• Case 6 (34 Hz PLL): X2 is increased to 0.48 pu.
Fig. 12 presents the dynamic responses of wind farm

variables and phase-a current from the PCC bus to the grid.
The wind farm variables include the real power delivered
from the PCC bus, dc-link voltage, PCC voltage, and d-axis
current order. Fig. 13 presents the dynamic responses of the
synchronous generator variables, including real power and
speed deviations of the generator rotor, LPA, LPB, IP and HP.
Fig. 14 presents the fast Fourier transformation (FFT) results
for the wind power, phase-a current, and the speed deviation
of HP based on a time window of data from 9 seconds to 16
seconds.

The left column presents the dynamic responses and FFT
corresponding to the 13 Hz PLL cases. The right column
presents the dynamic responses and FFT corresponding to the
34 Hz PLL cases.

Fig. 12a shows that for 13 Hz PLL, low-frequency oscilla-
tion mode is dominant. Fig. 14a indicates that the wind power
has a 5 Hz oscillation. This 5 Hz is reflected as 55 Hz and 65
Hz harmonics in the phase-a current. The 5 Hz also appears in
the synchronous generator output power and speed deviations
of the generator rotor and TG rotors. Note that the HP rotor
speed deviation also reflects the other torsional modes at 16.4
Hz, 24 Hz and 30.4 Hz.

Fig. 12b shows that for 34 Hz PLL, subsynchronous-
frequency oscillation mode is dominant. Fig. 14b’s FFT anal-
ysis indicates that the wind power has a 23.7 Hz oscillation.
This 23.7 Hz oscillation is reflected as 36.3 Hz and 86.7 Hz
harmonics in the phase-a current. The 23.7 Hz oscillation
mode interacts with the 24 Hz torsional mode. FFT analysis
of the speed deviation of HP shows a very large component
of 23.7 Hz. This is a clear evidence of torsional interaction.
Further, comparing Fig. 13 left column and right column, we
see that the synchronous generator power has a 4 MW peak
to peak oscillations for the 13 Hz PLL while 10 MW peak to
peak oscillations appear for the 34 Hz PLL case. The speed

deviation of HP shows more obvious torsional interaction.
For the 34 Hz PLL case, the peak to peak magnitude of
the oscillation reaches 2 rad/s. Compared with the severe
oscillation, the oscillations in the HP speed deviation for the
13 Hz PLL case are negligible.

Remarks: The testbed successfully demonstrates the low-
frequency oscillations and the subsynchronous oscillations in
type-4 wind with weak grid interconnection. The significant
difference in oscillation frequency is due to the different PLL
parameters. Further, the case study successfully demonstrates
that if the subsynchronous-frequency mode has a frequency
close to a torsional mode of a remote synchronous generator,
torsional interaction happens.

V. CONCLUSION

In this paper, the mechanism of low-frequency oscillations
and subsynchronous oscillations in type-4 wind with weak grid
interconnection is revealed. Compared to the research in the
literature, this is the first kind to investigate two distinctive
oscillation modes observed in real world. A dynamic model
is built to demonstrate both modes. Both modes will move to
the RHP when the grid strength reduces. Depending on the
parameters of PLL, one mode will be dominant. This paper
reveals the relation of PLL parameters to these two modes.
Case study also demonstrates the potential torsional interaction
that can occur on a remote synchronous generator.
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